We give a short and easy proof of the characterization of differentiable quasiconvex functions.
Introduction
Quasiconvex functions play an important role in several branches of applied mathematics (e.g. mathematical programming, minimax theory, games theory, etc.) and of economic analysis (production theory, utility theory, etc.). De Finetti [1] was one of the first mathematicians to define quasiconvex functions as those functions : f X →  , n X ⊂  being a convex set, having convex lower level sets, i.e. the set
is convex for every α ∈  .
De Finetti did not name this class of functions: the term "quasiconvex (quasiconcave) function" was given subsequently by Fenchel [2] . It is well-known that the above characterization is equivalent to
i.e., in a more symmetric way, 
Theorem 1 was given by Arrow and Enthoven [3] ; however, these authors prove, in a short and easy way, only the necessary part of the theorem, but not the converse property, whose proof is indeed presented in a quite intricate way by several authors (see, e.g. [4] - [11] ). Here we present an easy proof of Theorem 1, by exploiting some results on quasiconvexity of functions of one variable, results therefore suitable for geometrical illustrations. We need two lemmas. 
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Finally, we point out that the proof of Ponstein [10] can be shortened as follows: 1) Let f be quasiconvex (and differentiable) on the open and convex set , 
